G. D. CREEDE {<7;}Γ=i of functions from X into the collection of open sets of X such that (i) Γ\T=ι9i( χ ) = Cl{x} for each x, and (ii) if y is a point of X and {Xi}T=ι is a sequence of points in X, with y e &(&<) for all i, then {%i\ΐ=i converges to y.
Proof. Let U-* {U n }n=i be a semi-stratification for X. For each i, define the function g { by g^x) = X -(X -Cl {#});. The sequence {gi}T=ι satisfies conditions (i) and (ii) of the theorem.
Conversely, let {#JΓ=i satisfy conditions (i) and (ii) of the theorem* For each n and each open set U, let U n = X-\J{g n (x): xe X -U}. Then correspondence U-> {U n }~= ι is a semi-stratification for X. 
x is a limit point of a set M if and only if inf {d (x,y) :y e ikf} = 0. See [7, 11] .
With the aid of Theorem 3.2 of [7] we have the following relationship between semi-stratifiable spaces and semi-metric spaces. COROLLARY 1.4 Proof. For each i, let X t be a semi-stratifiable space and {f/^ JTU be a sequence of functions on X { satisfying the conditions of Theorem 1.2. Let X = ΠΓ=i Xi and let π { be the projection of X onto X im For each i, j and each x in X, let h i3 '(x) = g^in^x)) if j ^ i and fe^ ίίc) = X; if i > i. Now let #,.(&) = ΠΓ=i λ»i(#) for each j and x. The sequence {#JΓ=i satisfies the conditions of Theorem 1.2 and, hence, X is semistratifiable. Proof. Let X be a semi-stratifiable space with a semi-stratification U-^{U n }Z,-.\ Let {O a : a el} be an open cover of X and let / be wellordered. For each natural number n, define: H ln = (O 1 ) n and, for each a > 1, ZΓ f t W = (O α ) w -U{0^: /5G/,/3<O:}. For each natural number n, let <%i = {H an : ae /}. Then Sίf n is a discrete collection of closed sets. By the well-ordering on 7, Sίf = U ~=ι3ίf n covers X. DEFINITION 2.7. A topological space is ^^compact if every uncountable subset has a limit point. THEOREM 2.8. In a semi-stratifiable T^space X> the following are equivalent (1) X is Lindelof, (2) X is hereditarily separable, and (3) X is P roof. (1) =^ (2) Let X be a Lindelof semi-stratifiable space. Since a Lindelof space in which open sets are F σ is hereditarily Lindelof, it is sufficient to show that X is separable. Let {#JΓ=i be a sequence of functions satisfying the conditions of Theorem 1.2. For each ΐ, {gi(x): xeX} is an open cover of X and, since X is Lindelof, there is a countable subset D i of X such that {&(#): rce A} * s an °P en cover of X. The set D = Uίli A is a countable dense subset of X.
(2) => (3) The proof of this part is well-known. (3) => (1) Let X be an y$ r compact semi-stratifiable TΊ-space. Let & be an open cover of X and suppose that gf has no countable subcover. By Theorem 2.6, gf has a closed refinement §ίf = U ~=i <%t where each Sίf n is discrete. Since gf has no countable subcover, there is an n such that β^n is uncountable. Let X r be a subset of X consisting of exactly one point of each nonempty element of 3f? n . The set X f is uncountable and has no limit point.
Theorem 2.8 cannot be strengthened by replacing hereditarily separable by separable. The example of a Moore space which is not metrizable due to R. L. Moore (see [9] ) is an example of a separable semi-stratifiable space which is not Lindelof.
Since, in a Lindelof space, bicompact is equivalent to countably compact, Theorem 2.8 has the following corollary: COROLLARY 2.9. In a semi-stratifiable T y -space, bicompact is equivalent to countably compact.
3* Mappings* It is a well-known theorem [17] that the closed compact image of a separable metric space is a separable metric space. However, there are closed images of separable metric spaces which are not first countable. The following theorem gives a property of metric spaces which is preserved by closed maps. 4* Moore spaces* In this section, we wish to give necessary and sufficient conditions for a semi-stratifiable space to be a Moore space. DEFINITION 4.1. A sequence {g^n}; =1 of open covers of a topological space X is a development for X if (1) ^i +1 is a refinement for ^ and (2), if x is a point of X and Ϊ7 is an open set in X containing x, then there is a natural number k such that St (x, & k 
) aU.
A Moore space is a regular Γ r space which has a development. See [7, 14] .
A Moore space is semi-metric and, hence, is semi-stratifiable. The following example, due to McAuley [11] Theorem 4.5, due to Heath [7] , gives a sufficient condition for a space to be a Moore space. Proof. Let X be a regular quasi-complete semi-stratiίiable T r space. Let {SB Λ }~= 1 be a sequence satisfying the conditions of Definition 4.3 and let {h n }ζ =1 be a sequence satisfying the conditions of Theorem 1.2. For each x in X, let B n (x) be a member of £B W containing x. For each x, let g γ {x) be an open subset of X containing x such that Cl g,(x) c B,(x) n K(x) and let g n+ί (x) be an open subset of X containing x such that Cl g n+1 (x) 
The sequence {g n }n=ι satisfies the conditions of Theorem 4.5 and, hence, X is a Moore space. Proof. Lemma 4.9 and Theorem 4.6 show that a semi-stratifiable p-space is a Moore space.
Conversely, let X be a completely regular Moore space and let {2^«}«=ι be a development for X. By the remark following Definition 4.1, X is semi-stratifiable. For each n, let In Theorem 4.10, the condition of complete regularity can be replaced with regularity by using the Wallman compactification [6, 16] instead of the Stone-Cech compactification. Appropriate changes will also have to be made in Definition 4.8.
